Corollary 4.3 Assume that the semialgebraic set W in R n is given by the conditions f 1 = 0, . . . , f p = 0, g 1 > 0, . . . , g q > 0, where f i , g j are polynomials of degree at most d ≥ 1. Then we have b(W ) ≤ d(2d − 1) n+q−1 .
Proof. Without loss of generality we may assume that d ≥ 2. For > 0 we consider the semialgebraic set W ⊆ R n given by the constraints f 1 = 0, . . . , f p = 0, g 1 ≥ , . . . , g q ≥ and the zero set Z ⊆ R n+q of the polynomials
is surjective and we conclude with the Milnor-Thom Bound 4.
n+q−1 . The assertion now follows from the fact that H * (W ; Q) is the direct limit of the H * (W ; Q) (cf. [2, p. 244]) taking into account that W is the monotone union of the subspaces W .
We provide a full proof of the extension of the above result to Betti numbers with compact supports. Proof. Without loss of generality we may assume that d ≥ 2. For > 0 we consider the closed semialgebraic set W ⊆ R n given by the constraints f 1 = 0, . . . , f p = 0, g 1 ≥ , . . . , g q ≥ . If W is not compact, then we may realize its compactification by the inverse of the stereographic projection. ThenẆ is described by the equalities d(2d − 1) n+q , which shows the assertion.
